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The interbr of AH(S) is a ball of dim ,p
= 12g-12

Its elements are quinFuchsian man folds

S IR

Ret Let (MF
,

h) be a complete hyperbolic manfold .

M is quasi-Fuchsian if it contains a=
geodesically coner , compact subset M

-

2 (M) = convex core of M
= smallest auch subset ·-Schoen-Yan

,
Sachs-Uhlerberk :

existence of[ = SX3 * 3 minimal S

2 not unique
(Actually ,

all contained in &(M)] · in general !



Uheberh's
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· B = - DN is the shape operator of [CM

o the eguvalues /e of B are the principal curvature

· I is minimal if 1 +m
= 0

SxIR

Def Let (F
,

4) be a complete hyperbolic manfold.
M is (weakly) alwest - Fuchsian if it contains a closed

minimal surface such that the principal curvatures
are in -1

,
1) (E-1

,1])



Th (Whlenbeck)

If M is weakly almost-Fuchsian ,
then it contains

·que minimal surface homstopic to Sx3x3
.

The condition Id1
, 111 :

"I is less curned than a horeaphore"
·
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A chofIf :
The map [ = IR -> M

is a differ
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t)> exppL+N(p))
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- See Sheet 2
.

Exercises 2 & 3



Summary : WAr = uniqueness of
- minimal surface

not a necessary condition !

T (Huang - Lone
'

25)
There esist quasi-Fuchsian manfolds that contain

a unique closed minimal surfaces hometopie to

[3 * )
,

that are not weakly alwest
- Fuchsian -



Thm (Chlenbeck
If M is almost - Fuchsian

,

then it is quasi-Fuchwan.

Schof
X

Runk : only·
-

-

& compact needs Id ! /11 ,

not minimal
--



& What about WAF ?

Teorem (Nguyen-Schlenker-S .
125)

Let (M
,

h) be a hyperbolic manifold ,

let ScM

be an embedded
,
orientable

,
two-sided closed minimal

surface with principal curratures in [-1 , 17.

then any neighborhood U of S in M

contains a (non-minimal) surface with

principal curratures in (-1
.
1).



& If M is weakly almost - Fuchsiam , then it is
quasi-Fuchsian -

ESxIR
Det Let (M

,
h) be complete hyperbolic.

M is nearly - Fuchsian if it contains a closed

surface with principal curvatures in (-1
,
1)

from 2000s
-

or The conjectureAF-NF" is false
.

-
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